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 � ��
��! 
� 	����� �
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� �
� � #
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���� 1���! 
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 ��! �
��
� ��#� ��  �
�√
5 � ��
� � ��� ����! ��� ��	 � 
 ����

√
5 =

m
n

���� �� m �n ��� ��	�
 ! �
� ��! ���
��� �
��	�� ��#

M(m, n) = 1 �� "�� ! 
������� �������� ��  ����
'

�� ��� A � �
� ���#2  � ��

5n2 = m2.

� ���� �
�/����������	� ��� �� ���� �
� ��!  ����'

�������� ��� �����#5 | m2# & � �� �
������ 
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��� � 
	���	 ���
��� ��	��
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�����

� ����5 ������� �
�m���#m = 5k ���� �� k ∈ N#

5� ��� 
 �� � ���� �
� �5n2 = m2,

5n2 = m2

5n2 = 25k2

n2 = 5k2.
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& � �
� ���� 
 �
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"��� �	�����,

5 | m2 ⇒ 5 | m.
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m2 = (5k + 1)2 = 5(5k2 + 2k) + 1
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� � �� ��
� ��
��� �
�
√

2# + 2
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� ����
 � ��

�
� � ! �	
� ! ��� ��� �������
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� � � �
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, m, n ∈ N,M(m, n) = 1.

2  � �� 18n2 = m2#7�
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4��� � 	 � ������ � �� 	������# D	
 ����
� ! ��� ��'

� �
��
! 
	�� 	 �	����� �  �
 18 | m2� � � �

18 | m# $�� �� 
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√
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√
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√
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√
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√
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√
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√
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√
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√
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√
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�� ��
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 � #

x2 = (32 + 10
√

7)

+ 2
√

(32 + 10
√

7)(32 − 10
√

7)

+ (32 − 10
√

7)

x2 = 64 + 2
√

322 − 100 · 7
x2 = 100.
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�  �
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�  �� �����

�	 �� � ���#�
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 � *��� � (#

� �����#&�
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����#
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���� $
���� 
 � ��

32 + 10
√

7 = 25 + 2 · 5 ·
√

7 + 7 = (5 +
√

7)2

�32 − 10
√

7 = (5 −√
7)2#2  � ��

√
32 + 10

√
7 +

√
32 − 10

√
7

=
√

(5 +
√

7)2 +
√

(5 −
√

7)2

= |5 +
√

7| + |5 −
√

7| = 10.
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� � �#
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a +
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a −

√
b.
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��'

	� a �b � �
 � ��  �
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�! ����	 �� �#D	


���
���
 ! ��� ��� ,

a b a2 − b  �
�

6 20 16
√

6 + 2
√

5 −
√

6 − 2
√

5

6 20 16
√

6 + 2
√

5 +
√

6 − 2
√

5

7 48 1
√

7 + 4
√

3 +
√

7 − 4
√

3

10 51 49
√

10 +
√

51 −
√

10 −√
51

4�
 ������ 
 � � � � �  ��� ������	 �
�����"���� �

������ �
� �
� �
�� ! ���
�� �� ��� ! �
�  �� �
�

���  �������F�� �� �F#3  ! ��� ���,

1 +
√

2 =
√

(1 +
√
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